Derivatives at other points. Suppose x is irrational, which, without essential loss, we take to be positive.
In the expansions leading to equations (10) and (11) of the above paper, put
x -xn, where xn = rn/sn and rnsn = 0 (mod2). Put «2 = h2 = \/s\. Noticing we have an expansion in hnsn, we see the error term is 0(h\s2), therefore, using Lemma 3, (10) may be written
where A± is a number bounded as rn, sn -» oo and fixed when rn and sn are fixed modulo 4.
It is easy to prove that if x is irrational, xn -* x in such a way that \x -xn\= 0(s~2), and/is differentiable at x, then limn^xB^ exists with value 0. As shown in the Lemma below, it is possible to find an infinite sequence of rationals [xn] with xn -» x, rnsn = 0 (mod2) and \x -xn\< l/s2. Hence, it is possible to find an infinite sequence of rationals xn all satisfying one of the further restraints, sn = 1 (mod 4), s" = 3 (mod 4), rn = 1 (mod 4), rn = 3 (mod 4). With the proper choice of sign (say + ) we can then assume, by Lemma 3, that A+ ¥= 0 and fixed. From (i) this leads to the contradiction that | B*1 is bounded away from 0, so/ cannot be differentiable at x.
Lemma. If x is real and irrational there are infinitely many distinct rational numbers p/q such that (p, q) = I, pq = 0 (mod2) and\x -p/q\< l/q2-Without the constraint pq = 0 (mod 2) this is a standard theorem [1, p. 174] . Given the constraint we proceed as follows. 
